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A DEDUCTION OF THE LAW OF SYNTHESIS 

THE first crucial problem of logic, upon the solution of which 
depends all further advance, is the determination of the law 
of thought whereby the form of judgment which is symbolized 'A 
is B' is made possible. The traditional laws of thought— identity, 
contradiction and excluded middle— seem, on the face of them, to 
give no excuse for such a proposition; nay, they would appear 
rather to preclude its possibility. If 'A is A,' and 'A is not non-A,' 
and if A and non-A exhaust the universe of predication, there would 
seem to be no possible justification for predicating B of A. For 
either B is identical with A, in which case the proposition ought to 
be expressed in the form 'A is A'; or B is not identical with A, in 
which case, being that which is not A, it falls into the class which, 
by the law of contradiction, is precluded from being made a predi- 
cate of A. Yet, notwithstanding the seeming impossibility of bring- 
ing the proposition ' A is B ' into conformity with the three laws, that 
proposition symbolizes our only fruitful mode of thought, the ortho- 
dox judgments ( A is A' and 'A is not non-A' being the expression 
of a process, if such it may be called, that in comparison is utterly 
barren. 

The question then at once arises as to the adequacy of the tradi- 
tional laws of thought. If 'A is B' can not be justified in terms of 
the principles of identity, contradiction and excluded middle, must 
we conclude that the law which does give it legitimacy is one that is 
at complete variance with them— a law of synthesis, as the expression 
is, instead of their empty law of analysis? Or, on the contrary, may 
we find it possible, notwithstanding appearances, fruitfully to reduce 
this judgment to conformity with the traditional laws as these stand 
in their analytic statement? Or, finally, instead, on the one hand, 
of rejecting the three laws outright, or, on the other, of accepting 
them in their barren analytic character, may we find that, if we take 
note completely enough of the conditions of their expression, they 
are the real laws, not only of analysis, but of synthesis? 

The second mode of solution has not been without its advocates. 
When the difficulty is pressed that B is not identical with A, and 
therefore can not rightly be predicated of it, these logicians would 
say that it is not the traditional laws that are at fault, but rather 
our formulation of the judgment. B, as sheer B, is, indeed, not 
identical with A; but, when we pronounce the judgment 'A is B,' 
we do not mean that A is sheer B; rather do we mean that the B 
which is predicated is that B which belongs wholly to A; so that the 
proposition, rightly expressed, is 'A is AB' (I make here no refer- 
ence to the difficulties regarding the copula). Thus, taking the 
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judgment in intension, 'the rose is red' means, not 'the rose is red- 
ness in general,' but 'the rose is rose-red.' But though, by this 
qualification of the predicate, the proposition is brought more nearly 
into accord with the law of identity, it still does not fully satisfy the 
requirements of that law. As now stated, the proposition is not 
solely the expression of identity, but also of the relation of substance 
(or subject) and inherent attribute. The rose has rose-redness ; it 
can not be said that the rose is rose-redness. But it is important to 
note that the law of identity, in itself, gives no warrant for the ex- 
pression of substance-attribute inherence. While it is true that such 
inherence always involves identity, it is not true that identity, as 
purely such, involves substance-attribute inherence. Since, then, 
the law under consideration is solely a law of identity, it is operative 
only with regard to that category and can validate no such meaning 
of attributive relation as is expressed in the intensive meaning of the 
proposition 'A is AB.' Hence, if the proposition 'the rose is rose- 
red' is to be made to accord fully with this law, it must be so trans- 
formed that it will express complete identity and nothing more. 
Thus it becomes 'the rose-red rose is the rose-red rose'; or, to sym- 
bolize, 'AB is AB.' 

But it may be denied that 'A is AB' expresses attribute inherence. 
This can be done only on the assumption that propositions express 
solely extension and never intension. Thus, 'the rose is red' means 
'the rose is red-thing,' and this being properly qualified (and con- 
sequently quantified) becomes 'the rose is rose-red-thing.' It is true 
that attribute inherence has here been eliminated from the proposi- 
tional form ; but it has been done at the cost of accepting an entirely 
erroneous theory of judgment. The assumption that judgments are 
to be taken only in extension is one that simply makes impossible any 
judgment at all. For if the subject is a 'thing' and the predicate 
a 'thing,' they are either different things or one identical thing. If 
they are different, we have, on the theory of pure extension, no means 
of passing from the one to the other in the manner of predication. 
They are two things, and they must ever remain two separate things. 
The judgment in intension, of course, closes the gap by claiming a 
'universal' to be present in all difference of things. If, on the other 
hand, the subject and predicate are one identical thing, then obvi- 
ously every proposition should be expressed ' this thing is this thing, ' 
or 'AB is AB.' But even this is not an adequate formulation, for 
if the 'this thing' of the predicate is different from the 'this thing' 
of the subject, the proposition is still not identical ; while if the predi- 
cate is the identical thing that the subject is, the act of predicating 
the thing of itself can add no meaning to it, nay, is not even neces- 
sary to its self-identical meaning, as Boole himself showed in his 
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formulation of his 'Index Law.' Hence the proposition rightly re- 
duces to the subject-concept ' this thing. ' 

Thus, whether, we regard the judgment as properly to be taken 
in intension or in extension, the attempt to reduce it to accord with 
the law of analytic identity, either by qualifying or quantifying the 
predicate, inevitably commits it to the form 'AB is AB.' And even 
this is more correctly to be expressed as the single concept AB. 

I refrain from pointing out the sheer thought-suicide that is com- 
mitted by this mode of reduction. That has been so effectively ex- 
pressed by many logicians that nothing further need be added. I 
wish rather to call attention to a less noticed but equally serious diffi- 
culty involved in this manner of treatment. In reducing 'A is B' 
to 'AB is AB' (or 'AB — AB'), we have, so far as the relation of 
AB to AB is concerned, a strict conformity to the law of identity. 
But (disregarding the inevitable further reduction to the form of a 
single concept) the question now arises, by what law of thought do 
we justify the expression of the subject and of the predicate as AB. 
The legitimacy of this complex-concept is always taken for granted. 
If, in AB, A and B are different from each other (which they must 
be unless we are willing to reduce AB to A A = A), they are two 
thought-elements united into a single concept. Hence we have in 
AB a conceptual conjunction of differences. It follows, then, that 
if AB is one thought or concept, we have a one that is at the same 
time a two. But if the one is the two, this goes directly counter to 
the law of contradiction. If, now, in order to bring the conjunction 
of differences into accord with this law, we hold that AB is not a one, 
or unity, in the same sense that it is a two, or diversity, we must 
express this, according to the law of identity, by saying that its unity 
is its unity, while its diversity is its diversity. But if, by its self- 
identical unity, we mean unity as entirely exclusive of diversity, such 
unity is perfectly meaningless. If, on the other hand, in order to 
save meaning, we admit that the self-identical unity is nevertheless 
a unity in diversity, then we simply push the problem back a step ; 
and we still have on our hands the problem with which we began, of 
validating unity in diversity. Again, if, by the concept's self-iden- 
tical diversity, we mean its unified diversity, the problem is likewise 
pushed back without solution. It remains, then, for us to regard 
the diversity as sheer diversity, i. e., without unification. But the 
results of such a view are equally disastrous; for, as wholly non- 
unified, AB is simply the aggregate of A and B; in which case, the 
proposition 'AB is AB' means rightly the two propositions 'A is A' 
and 'B is B.' It follows from this principle of reduction that 
wherever propositions predicate diversity, as in 'AB is AB,' this 
must be understood simply ns a shorthand expression for the addi- 
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tion of separate conceptual units. If, then, we expand the short- 
hand in order to make the content quite unequivocal, the true form 
of the proposition is a series of propositions, each one of which ex- 
presses the self-identity of one undifferentiated component of the 
aggregate-complex, the self-identity, that is, of a bare unit. Hence 
'the rose-red rose is the rose-red rose' must properly reduce to 'rose 
is rose' and 'red is red.' Nay, 'rose' being itself a conceptual unity 
of complexity (and 'red' being so likewise), must be reduced to its 
items of pure simplicity. Here, then, we have, in logic, the disin- 
tegration of all thought into a sheer atomism. In the absurdity of 
such a result lies the real refutation of this mode of reducing proposi- 
tions to the form of analytic identity. 

It is true, indeed, that a concept is not a unity in the same sense 
that it is a diversity ; yet this must not be taken to mean that unity 
absolutely is not diversity and that diversity absolutely is not unity. 
Unity is diversity; and it is exactly this affirmation of a predicate 
that is different from the subject that can not be brought into the 
straight- jacket of the analytic law of identity. 

From this evident failure we turn again to the question how we 
may provide for the logical possibility of the proposition 'A isB.' I 
think that the answer to this question will be found, not in a repudia- 
tion of the traditional laws of thought, but in the recognition that 
the law which makes 'A is B' possible, is present as the very condi- 
tion of the possibility of the traditional laws. This has indeed been 
well understood by the great synthetic logicians; and I am making 
no claim in this paper to the presentation of a new doctrine. I 
merely wish, by the help of a slightly different mode of symbolizing 
the traditional laws of thought, to express the law of synthesis as a 
direct deduction from the traditional laws. The ordinary mode of 
procedure has been to show the necessity of this law of conceptual 
synthesis on broad epistemological grounds, rather than to indicate 
the manner in which the law may be seen to grow out of the tradi- 
tional laws and to become, indeed, their intrinsic expression. Such 
a direct 'deduction,' or drawing forth into explicitness of what is 
implicit in the traditional laws is, I think, possible with regard to 
the principle of synthetic thought. 

In our ordinary negative propositions, the negation is made with 
respect to something. If I say, ' smells are not sounds, ' the exclusion 
of sounds from smells is not absolute, but partial. Both smells and 
sounds are sensations ; they differ with respect to their common sen- 
sational quality. Again, if I say, ' smells are not pianos, ' the differ- 
ence is obviously greater than in the former case. Yet it is not a 
complete difference as to their possession of reality : they are each real. 
Nor is it an absolute difference as to their possession of possibilities 
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for good or evil, or for giving pleasure or pain ; for they both have 
such possibilities. Rather, having not only bare reality, but also, 
among others, the possibilities mentioned, they differ as to the man- 
ner in which they possess these. Hence the exclusion of predicate 
from subject is not absolute, but is one that is made within an iden- 
tity that holds even in spite of the mutual exclusion. 

If, now, we pass to the formula for complete exclusion, '4 is not 
non-4/ may be we here likewise ask in what respect A and non-A 
differ? If they differ in a respect, then there is a 'something,' a 
generic quality, in which, or with reference to which, they differ. 
But this will mean that the difference is not sheer and absolute, but 
is grounded in an identity that holds notwithstanding the difference. 
Yet when we ask in what respect A differs from non-4, our first 
answer is, 'Wholly.' A is in nowise non-4, and non-4 is in nowise 
A. This answer, however, at once shows itself to be an untrue state- 
ment of the negative relation involved. For as soon as we declare 
that A and non-4 are wholly different, we admit that they are not 
wholly different in so far as they agree in the quality of mutual 
exclusion of the opposite. Agreeing in this character of mutual ex- 
clusion, they differ, indeed, as to the manner in which this generic 
quality is realized : 4 excludes non-4, and non-4 excludes 4. That 
is, the content of each exclusion is different, but its nature is in each 
the same. It is, indeed, just this identity of opposite-excluding char- 
acter that makes possible the negative relation expressed by the law 
of contradiction. 

This presence of identity in order to the expression of difference 
may perhaps more easily be seen by means of a less subtle reference. 
In whatever universe of discourse our formula, 'A is not non-4/ 
may be employed, both terms will always, in some sense, be real 
At the least, they will both be real as ideas. If our universe of 
discourse, for example, be such that 4 is taken to stand for exist- 
ence, then non-4 will signify non-existence. But non-existence, as 
an expression of opposition to existence, is not sheer unreality, for 
at any rate it is an ideal object of reference. But so, likewise, 
is existence an ideal object of reference. It is true, indeed, that 
existence is a 'something more,' which non-existence is not; but 
this 'something more' is simply the element of difference between 
the two. Existence and non-existence being each an ideal object of 
reference, they differ as to the manner in which their generic ideality 
is in each case specifically realized. Hence here again the difference 
is with respect to an identity. The mutual exclusion expressed by 
the formula of the law of contradiction differs from any of our con- 
crete mutual exclusions only in that, in the latter, the definite generic 
identity is implied with more or less clearness; while, in the abstract 
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formula, that identity is still left almost utterly vague, with the pos- 
sibility of assuming any definiteness that may be required by the 
concrete situations. Notwithstanding this, however, we are just as 
certain in the case of the abstract formula as in that of concrete 
propositions that ground of identity there must be where there is 
predication of difference. 

A difficulty may perhaps be raised by noting the fact that in such 
a proposition as 'sounds are not smells' there is a doubt as to the 
ground of identity; for, if we use the form 'sounds are non-smells,' 
the identity would seem to be by no means the same as when we say 
'sounds are not smells.' In the latter case, the ordinary interpreta- 
tion would compare smells and sounds in their proximate class, 
sensations, exactly as when we say, 'red is not blue'; while in the 
former it would regard non-smells as comprising all of reality that 
is not smells. It is true that there is this difference in the possible 
grounds of identity; but it will easily be seen that the presence of 
this difference is rather an argument in justification of the position 
taken. It may be true that in the affirmative proposition with a 
negative predicate the only identity is 'reality' in its barest sense; 
nevertheless, even as such, it is the generic element which we have 
claimed to be necessary, the generic which has its specific realization 
even in mutual exclusives. 

It follows, then, that the formula, 'A is not non-4' does not ex- 
actly express its own real meaning. That formula does not (upon 
pain, if it does, of complete impotence) mean that A and non-4 
are absolutely excludent of each other; it means that, possessing 
some ground of identity, these two terms nevertheless differ in the 
manner in which they possess that identity. We may represent this 
identity present in all mutual exclusions by the symbol U. The law 
of contradiction, then, properly expressed, reads: 'ATJ is not non- 
417. ' 

If this be the real and indeed the only proper expression of the 
law of contradiction, our next step to the explicit statement of syn- 
thetic relation will not be difficult. By 'V,' we have indicated the 
identity which both A and non-4 are. It follows, then, that A is 
V and that non-4 is U. But 4 is likewise not V ; for if it were 
completely U, it would at the same time be non-4. Hence 4, at once, 
is V and not U. If, remembering our analytic laws, we look sus- 
piciously upon this result, we are now precluded from condemning it 
in terms of the law of contradiction, for we have just seen that this 
law presupposes these very conditions if it is to have any meaning 
whatever. Hence, with the law of contradiction itself the expression 
of this very seeming contradiction, we are forced, by the dialectic 
of the situation, to recognize that in such a relation of subject and 
predicate is expressed the fundamental nature of all thought. 
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If, now, (1) A is V, but (2) A is not V, we have in (1) the very 
form of synthetic proposition which we have been seeking to justify. 
V is predicated of A, but is nevertheless not completely identical 
with A. This is exactly the relation which we found expressed in 
the proposition 'A is B,' and which the laws in their analytic form 
could not account for. Since the relations which they bear to A are 
the same, we may now legitimately substitute B for V. Thus the 
synthetic proposition has its justification. Indeed, it is now seen to 
be a correct, though unclear, formula for the real synthetic law of 
identity. 

The three laws of thought will then be properly symbolized as 
follows : 

Law of identity: AJJ is AV. 

Law of contradiction: AV is not non-AV. 

Law of excluded middle: "Within the identity V, any subject of 
predication is either A or non-J.. 

It is true that in this formulation, the law of identity is still, by 
itself, an inadequate expression of the law of synthetic thought. 
Notwithstanding this, however, it does not in its present, as in its 
traditional form, succeed in hiding completely all traces of that 
synthetic law. For as now formulated, it contains the important 
symbol AV, which represents a complex concept. But such a con- 
cept, in so far as it is a unity that is likewise diversity, is the very 
typical form of synthetic thought. It was because purely analytic 
thought could provide for no such unity in manyness that we de- 
clared the traditional laws unable, on the face of them, to validate 
even such a proposition as ' AB is AB.' Hence the form, 'AV is AV,' 
which is analytic in its subject-predicate relation, exhibits the pres- 
ence of synthetic thought in the form of its subject and its predicate 
terms. 

The form 'AV is AV is especially inadequate, however, in that 
it fails, in the formulated relation between subject and predicate, 
to express the fact that all predication of identity may be made only 
as difference is likewise predicated. This, to be sure, as we have 
said, is implied in the presence of such a term as AV, but the truth 
is not made explicit by the exhibition of any difference between sub- 
ject and predicate. Such predication of difference in the very act 
of predicating identity is expressed in the proposition 'A is B '; but 
the formulation here is faulty, since it errs in the opposite way by 
explicitly stating difference and, except as implying it in the copula, 
allowing the identity to go unexpressed. Undoubtedly the truer 
formulation of this most usual and fruitful mode of thought is 'AV 
is BV.' 

The law of contradiction, also, as formulated above, is still by 
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itself an inadequate expression of the law of synthetic thought. It 
indeed makes clear, which was not true of the old formulation, the 
fact that difference, even if outright, is always in terms of identity ; 
but like the law of identity, it fails to express the even more impor- 
tant truth, that all identity must be predicated in terms of difference. 

In like manner, the law of excluded middle is still a one-sided 
expression of real thought. Yet in the present formulation it makes 
clear not only the fact expressed by the old form, that the world of 
predication is completely dichotomizable, and in so far systematic, 
but the further important fact that in being thus exhaustively 
divisible into two, it still maintains its oneness of generic being 
throughout the two divisions. 

It has, indeed, often enough been agreed that the three laws of 
thought are each insufficient to express the whole truth about thought. 
We should not, however, permit them to be so inadequately formu- 
lated that they keep effectively concealed all trace of thought that 
is real and fruitful. "With the symbolization just given, it seems to 
the writer that the truth of the laws in their old forms is preserved, 
while there is added to this truth of analysis the all-important truth 
of synthesis. H. A. Ovebstreet. 

University of California. 



DISCUSSION 
THE REALISM OF PRAGMATISM 

PROFESSOR COLVIN in his instructive article on Subjective 
Idealism and Psychology, 1 lets drop this significant remark: 
"It is an extremely fascinating doctrine, this radical subjectivism, 
which becomes solipsism when interpreted in terms of the intellect, 
and pragmatism when formulated in the categories of the will." 
The words I have italicized are significant because, thrown in inci- 
dentally and not in an argument pro or con as to pragmatism, they 
reveal what seems to be the general assumption. Accordingly this 
may offer a fit and uncontroversial opportunity tor making a some- 
what personal and dogmatic Auseinandersetzung. 

Speaking of the matter only for myself, the presuppositions 
and tendencies of pragmatism are distinctly realistic; not idealistic 
in any sense in which idealism connotes or is connoted by the 
theory of knowledge. (Idealistic in the ethical sense is another 
matter, and one whose associations with epistemological idealism, 
aside from the accidents of history, are chiefly verbal.) Pragma- 

11 Is Subjective Idealism a Necessary Point of View for Psychology? ' this 
Journal, Vol. II., No. 9, April 27, 1905, p. 225. 



